Pore network models are powerful tools to simulate invasion and transport processes in porous media. They are widely applied in the field of geology and the drying of porous media, and have recently also received attention in fuel cell applications. Here we want to describe and discuss how pore network models can be used as a prescriptive tool for future water electrolysis technologies. In detail, we suggest in a first approach a pore network model of drainage for the prediction of the oxygen and water invasion process inside the anodic porous transport layer at high current densities. We neglect wetting liquid films and show that, in this situation, numerous isolated liquid clusters develop when oxygen invades the pore network. In the simulation with narrow pore size distribution, the volumetric ratio of the liquid transporting clusters connected between the catalyst layer and the water supply channel is only around 3% of the total liquid volume contained inside the pore network at the moment when the water supply route through the pore network is interrupted; whereas around 40% of the volume is occupied by the continuous gas phase. The majority of liquid clusters are disconnected from the water supply routes through the pore network if liquid films along the walls of the porous transport layer are disregarded. Moreover, these clusters hinder the countercurrent oxygen transport. A higher ratio of liquid transporting clusters was obtained for greater pore size distribution. Based on the results of pore network drainage simulations, we sketch a new route for the extraction of transport parameters from Monte Carlo simulations, incorporating pore scale flow computations and Darcy flow.
Introduction
Pore network models (PNMs) are discrete mathematical models that are basically used to simulate and predict pore scale processes. Different types of PNMs are generally distinguished. These are (i) PNMs for quasi-static drainage invasion processes [1] [2] [3] [4] , (ii) PNMs for quasi-static imbibition invasion processes [1, [3] [4] [5] , (iii) PNMs of drainage with phase transition and diffusion of the vapor (especially applied in drying research) [6] [7] [8] , and (iv) PNMs for the computation of dynamic pore scale fluid flow [9] [10] [11] [12] [13] . While the first three approaches usually assume quasi-static invasion of the pore space, the fourth approach considers viscous flow of the liquid phase and dynamic invasion of the pore space. There are several examples that combine (i) and (ii) [3, 4, 14] . There also exists a number of PNMs that additionally incorporate pore scale mechanisms, such as liquid film flow [15] [16] [17] or crystallization [18] [19] [20] . Only a few models are available that take into account coupled heat and mass transfer [21, 22] or that at least consider the invasion and transport processes under non-isothermal conditions [23] [24] [25] .
A wide range of PNM applications related to fuel cells is already available in literature, e.g., [26] [27] [28] [29] [30] [31] [32] [33] . Major focus of the PN studies related to fuel cells is essentially on liquid water distribution in dependence of the pore structure [28] , liquid clustering [29] , the thickness of the gas diffusion layer [30] , hydrophobicity [27] , local variation of wetting properties, condensation-induced liquid water formation inside the pore structure [31, 33] , ice formation, model validation by X-ray tomography [32] , and neutron tomography [34, 35] .
So far, PNMs are only rarely applied in water electrolysis research. Experimental studies incorporating microfluidic platforms of pore networks (PNs) are presented by Bazylak et al. [36] [37] [38] [39] . Their investigations are based on the correlation of the oxygen flow rate with current density. The microfluidic platforms employed in their studies are based on the geometric information obtained from micro tomography measurements of different titanium porous transport layers (PTLs). They showed that the developing gas bubbles penetrate the porous structure of the model PTLs and form continuous fractal gas branches that cover the PN at the breakthrough point. The network covering gas fingers at the breakthrough point are assumed as stable as long as the volume flow rates correlating with the current density are constant (In [38, 39] , the air flow rates were 1, 5, and 10 µL min −1 with current densities of 1.4, 7.0, and 14 A cm −2 , and the liquid flow rates were 5 and 10 µL min −1 . The same liquid flow rates and air flow rate of 1 µL min −1 were applied in the numerical simulations in [37] . In [36] , higher liquid flow rates of 505 µL min −1 and gas flow rates of 10 to 300 µL min −1 were applied.) It was illustrated that the shape of the penetrating gas fingers and the final saturation of the microfluidic PN with oxygen are dictated by the pore structure when the invasion occurs in a capillary regime. Higher gas saturation values were obtained for lower porosity of the PN and smaller pore and throat sizes (sintered PTL in [39] ). However, an explanation for this outcome is not given in the paper. Additionally, only 2-dimensional (2D) microfluidic experiments are presented; as will be discussed in this paper, the relationship between pore size distribution and saturation is different in 3-dimensional (3D) PNs where essentially the interconnectivity of the pore space is higher. However, it is surmised from PN modeling that the pore size distribution (PSD), especially the standard deviation of pore and throat sizes, were different in the three cases studied in [39] (felt, sintered, and foam PTL). The presence of large and small pores results in the competitive invasion of the PTL. This can especially be illustrated for strongly heterogeneous pore structures, e.g., bimodal PSD, [40] . Principally, the invasion process follows the path of least resistance. In the hydrophilic micromodels used in experiments in [39] , this is the path that follows the lowest invasion pressure thresholds of the neighboring pores; it is thus the route of the largest neighbor pores. In more detail, invasion of the PTL at constant current densities is a process of quasi-static drainage of water. This process occurs in distinct steps. This is designated as the mechanism 'one throat at a time' in [36] and can be simulated with PNMs. To invade any liquid filled pore or throat with water, the pressure inside the gas phase has to overcome a critical invasion pressure threshold that depends on the curvature of the gas-liquid interface. If the pore and throat sizes are distinct, the invasion events occur at distinct pressures. According to this, the pressure curve follows a trend of alternating pressure increase (to achieve the critical invasion pressure thresholds), during which the saturation of the microfluidic network remains constant, and the pressure drops during the sudden invasion (saturation decrease) when the critical invasion pressure is achieved [41] . In [36] , it is also shown that the invasion of the PN can continue after the breakthrough of one gas branch if the oxygen flow rate, and thus the gas pressures are increased accordingly.
In this paper we focus on water electrolysis cells with in the sandwich coordinate countercurrent flow of water and oxygen (perpendicular to the catalyst layer and the proton exchange membrane) [42] . Additionally, we consider the situation of high oxygen production rates (current density = 0.6-6 A/cm 2 [43] ; oxygen flux < 4 µL s −1 mm −2 ). Based on this, we assume plug flow of oxygen and water. In the first approach presented in this paper, we use pore network Monte Carlo simulations (PNMCSs) for the prediction of the invasion of an initially fully water saturated PN with oxygen. We furthermore assume that a stationary distribution of oxygen and water inside the PTL is achieved when the oxygen flow paths connect the catalyst layer, where the oxygen is produced, with the water supply Processes 2019, 7, 558 3 of 23 channel, while the water connectivity between both sides is maintained, presuming constant oxygen production rates and constant pressure and temperature along the PTL. As a result of the PNMCSs, we show and discuss the invasion patterns in the moment when the water supply route is disconnected, as well as the impact of isolated single liquid clusters on the relative permeability of oxygen and water. Following parameter estimation concepts, e.g., in drainage of soils [1] or drying [44, 45] , we propose to estimate relative permeability from the stationary final gas-liquid distribution obtained from the PN drainage simulation.
Pore Network Model
A schematic sketch of the PNM is given in Figure 1 . Here we consider idealized 3D PNs with PSDs in the range of typical PTLs usually applied for water electrolysis (Figure 2 ). The application of idealized lattice structures is commonly practiced if the physical mechanisms and pore scale effects are analyzed. More advanced studies base the PN simulations on the real structure of the porous medium (e.g., [36, 46] ). This is also foreseen in our studies in the next step. However, in this paper we present and discuss the basics of the method and the basic outcomes of the drainage simulation and thus disregard the more expensive (concerning time and computational effort) method.
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The geometric arrangement of pores and throats and the neighbor relations are specified by the different matrices pnp, tnt, tnp, and pnt. Following the example in Figure 1a , the neighbor relations of the 3D PN as illustrated here are: 
From this, it follows that the coordination number of the PN is 6. Note that we apply periodic boundary conditions. This means that the pores at all lateral sides are connected to each other in order to reduce confinement effects. While the radius distribution of the throats and pores stochastically vary in the PNMCSs, the other geometrical parameter, such as throat length and the neighbor relations, are kept constant ( Table 1 ). The PSDs of pores and throats in the PN simulations presented below are illustrated in Figure 2 . occupied with oxygen. On the other hand, the water supply is interrupted once the blue cluster is either completely split up into numerous smaller single clusters or disconnected from either side. The geometric arrangement of pores and throats and the neighbor relations are specified by the different matrices pnp, tnt, tnp, and pnt. Following the example in Figure 1a , the neighbor relations of the 3D PN as illustrated here are:
( ) pnp pore 10 1 11 12 13 16 19
( ) pnt pore 10 1 3 28 34 55 64 3 28 29 34 35 55 56 64 65  tnt throat 
From this, it follows that the coordination number of the PN is 6. Note that we apply periodic boundary conditions. This means that the pores at all lateral sides are connected to each other in order to reduce confinement effects. While the radius distribution of the throats and pores stochastically vary in the PNMCSs, the other geometrical parameter, such as throat length and the neighbor relations, are kept constant ( Table 1 ). The PSDs of pores and throats in the PN simulations presented below are illustrated in Figure 2 . Representative pore size distribution (PSD) of the pore networks (PNs) studied in the pore network Monte Carlo simulations (PNMCSs) in Section 3.1. The PN with low standard deviation (STD) of pore and throat sizes is denoted STD 0.5 µm, and the PN with a higher standard variation is denoted STD 1 µm (refer to discussions below in Section 3.1). The first peaks correspond to the sizes of throats and the second peaks to the pore sizes, respectively. Note that the overlap of pore and throat sizes is greater for a higher standard deviation. The porosity of both PNs is 21%. Representative pore size distribution (PSD) of the pore networks (PNs) studied in the pore network Monte Carlo simulations (PNMCSs) in Section 3.1. The PN with low standard deviation (STD) of pore and throat sizes is denoted STD 0.5 µm, and the PN with a higher standard variation is denoted STD 1 µm (refer to discussions below in Section 3.1). The first peaks correspond to the sizes of throats and the second peaks to the pore sizes, respectively. Note that the overlap of pore and throat sizes is greater for a higher standard deviation. The porosity of both PNs is 21%. We assume that the oxygen is homogeneously distributed along the surface of the PN and neglect spatial and temporal pressure fluctuations. Instead, we assume a constant oxygen supply rate. Based on this, we anticipate plug flow of oxygen and water and compute the invasion of the PN based on the Young-Laplace equation, following the concepts in [8, 47, 48] :
The order of invasion thus follows the radius distribution of the throats (with index t) and pores (with index p). Viscous flow is disregarded for the drainage invasion computation. The liquid clusters are labeled based on the throat saturation, taking into account the saturation in neighboring pores. This means that any neighbor throats that contain water belong to the same liquid cluster if the pore between them is also saturated with water ( Figure 1 ). The gas phase is not labeled as it is continuous. Note that liquid clusters that are disconnected from the cluster spanning the PTL from the catalyst side to the water channel side (all blue throats in Figure 1a ) are not further invaded. These clusters remain in their original size and can be regarded as transport barriers for oxygen flow (Figure 3 ). In regard to an efficient PTL mass transfer, it would be affordable to avoid clustering of the liquid phase; relevant issues are also intensively studied e.g., in hydrodynamics of porous geological structures and soils [49] . However, in regard to the optimization of the PTL, several aspects interact with each other, including mass transfer, heat transfer, and electrical conductivity [50] .
The PNMCSs presented here are restricted to the computation of the point when the fragmented clusters are not further invaded. In most cases, the fragmented clusters do not span the network as they are either connected to only one of its open sides (top or bottom) or isolated in the center of the PN. The simulation can result in several gas branches penetrating the network from top to bottom. (Note that the gas phase always forms a continuum). This is in good agreement with experimental findings reported in [36] . Figure 3 . Liquid clustering in a 3-dimensional (3D) PN on the example of a small 10 × 10 × 10 network with homogeneous PSD and the parameters specified in Table 1 . The transport barrier clusters (isolated and discrete) are shown in grey (a,b); the liquid transporting clusters are shown in blue (a,b); and the continuous gas phase is shown in magenta (a). Pores are not shown for reasons of readability.
The computation of the quasi-static invasion profile does not incorporate the solution of mass transfer equations because invasion percolation with trapping is assumed here. Instead, the pore scale fluid transport equations are set-up and solved in the second step based on the stationary invasion patterns from step 1 (Figure 4 ). For the computation in step 2, the breakthrough invasion patterns, i.e., at disconnection of water transport routes, are used [29, 30, [37] [38] [39] . Only the liquid cluster spanning the PN from top to bottom in the moment before disconnection and the continuous gas phase are considered. The mass transfer through the spanning clusters and the gas phase is computed pore-to-pore, based on the Hagen-Poiseuille equation:
( ) 4 l,g t l ,g l,g ,1 l,g ,2 l,g
for the liquid phase l and the gas phase g. Incompressible, Newtonian viscous flow is assumed (the compression factor of oxygen at operation conditions of P = 10 bar and T = 50 °C is roughly 1). Note that the assumption of the Hagen-Poiseuille flow is a strong model simplification for the pore flow because L ≅ d. A more advanced approach would account for the radial velocity of the flow [51] . In Equation (6), Pl,1 and Pg,1 are the liquid and vapor pressures in neighbor pore 1 of a throat (compare with Equation (2)) and Pl,2 and Pg,2 are the liquid and vapor pressures in neighbor pore 2 of that throat, respectively. The resulting set of linear equations is then transferred into the matrix notation:
In these equations, Al and Ag represent the matrices of liquid and vapor conductivities of the throats (e.g., refer to [52] for further details), with Table 1 . The transport barrier clusters (isolated and discrete) are shown in grey (a,b); the liquid transporting clusters are shown in blue (a,b); and the continuous gas phase is shown in magenta (a). Pores are not shown for reasons of readability.
. M l,g = ρ l,g πr t 4 8η l,g L P l,g,1 − P l,g,2 ,
for the liquid phase l and the gas phase g. Incompressible, Newtonian viscous flow is assumed (the compression factor of oxygen at operation conditions of P = 10 bar and T = 50 • C is roughly 1). Note that the assumption of the Hagen-Poiseuille flow is a strong model simplification for the pore flow because L d. A more advanced approach would account for the radial velocity of the flow [51] . In Equation (6), P l,1 and P g,1 are the liquid and vapor pressures in neighbor pore 1 of a throat (compare with Equation (2)) and P l,2 and P g,2 are the liquid and vapor pressures in neighbor pore 2 of that throat, respectively. The resulting set of linear equations is then transferred into the matrix notation: P l,g = A l,g g l,g \b l,g
In these equations, A l and A g represent the matrices of liquid and vapor conductivities of the throats (e.g., refer to [52] for further details), with g l,g = ρ l,g πr t 4 8η l,g L .
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Following discussions in [36] , conductivities inside pores are not computed as the pores are not interpreted as hydraulic conductors. Validation of this assumption could be further studied by Lattice-Boltzmann simulation, e.g., [53, 54] .
The boundary conditions for each throat are given in b l and b g , which are specified for the pore neighbors 1 and 2 of a throat. Generally: b l,g = g l,g P l,g
The boundary conditions for the PN simulation are P 1 at the bottom side of the PN and P 2 at the top side ( Figure 4 ). Solving Equation (7) yields the vapor and liquid pressure fields in the PN. With this, Equation (6) can be solved for each throat. Once the liquid and vapor flow rates through the liquid throats in spanning liquid clusters and the gas throats are known, the overall mass flow rates are computed in step 3 (Figure 4c ). From this follows the relative permeability for either the liquid (l) or gas phase (g):
The absolute permeability K is obtained for the same computations but a totally empty (gas permeability) or totally saturated (liquid permeability) network. Following discussions in [36] , conductivities inside pores are not computed as the pores are not interpreted as hydraulic conductors. Validation of this assumption could be further studied by Lattice-Boltzmann simulation, e.g., [53, 54] .
The boundary conditions for each throat are given in bl and bg, which are specified for the pore neighbors 1 and 2 of a throat. Generally:
The boundary conditions for the PN simulation are P1 at the bottom side of the PN and P2 at the top side ( Figure 4 ). Solving Equation (7) yields the vapor and liquid pressure fields in the PN. With this, Equation (6) can be solved for each throat. Once the liquid and vapor flow rates through the liquid throats in spanning liquid clusters and the gas throats are known, the overall mass flow rates are computed in step 3 (Figure 4c ). From this follows the relative permeability for either the liquid (l) or gas phase (g):
The absolute permeability K is obtained for the same computations but a totally empty (gas permeability) or totally saturated (liquid permeability) network. Note that high pressures up to P = 30 bar are postulated as usual operating conditions of water electrolysis cells. It is remarked that the evaporation of water, even at prevailing temperature of 50-80 °C, can be disregarded at such high pressures. Additionally, in the simulations presented here, we generally assumed hydrophilic conditions with cos θ = 1 and constant temperature and pressure as well.
PN Simulations and Results

3D PNMCS of Drainage
We present here the simulation of one realization of a 3D PN with square lattice and 30 × 30 × 10 pores ( Figure 5 ). The simulation parameters are summarized in Table 1 . The overall pressure, as well as the temperature, were kept constant. The lattice spacing between the pores was L = 50 µm and the throat length was kept constant with Lt = 27 µm. The pore and throat sizes varied in the range given in Figure 2 , with standard deviations 0.5 µm and 1 µm. The simulations were repeated 20 times with randomly distributed pore and throat radii within the range given in Figure 2 . Note that high pressures up to P = 30 bar are postulated as usual operating conditions of water electrolysis cells. It is remarked that the evaporation of water, even at prevailing temperature of 50-80 • C, can be disregarded at such high pressures. Additionally, in the simulations presented here, we generally assumed hydrophilic conditions with cosθ = 1 and constant temperature and pressure as well.
PN Simulations and Results
3D PNMCS of Drainage
We present here the simulation of one realization of a 3D PN with square lattice and 30 × 30 × 10 pores ( Figure 5 ). The simulation parameters are summarized in Table 1 . The overall pressure, as well as the temperature, were kept constant. The lattice spacing between the pores was L = 50 µm and the throat length was kept constant with L t = 27 µm. The pore and throat sizes varied in the range given in Figure 2 , with standard deviations 0.5 µm and 1 µm. The simulations were repeated 20 times with randomly distributed pore and throat radii within the range given in Figure 2 .
According to [55] or [36, 46] , porosity of the PTL usually varies between 54% and 85%, depending on the kind of the material. Usually, sintered powder has a lower porosity than felt PTLs or foam PTLs. However, the porosity in our simulations was only around 21%. Larger porosities would only be achieved in our PN with greater variation of the pore and throat sizes (i.e., by higher standard deviation) and much shorter throat lengths. To reach the high porosities given in the literature, overlapping of the pore volumes and negligible throat length would have been necessary. This would lead to different invasion effects than currently underlying in the proposed PNM, namely site invasion instead of bond invasion and different flow regimes than those postulated above. (Exemplarily, the porosity could be increased to 43% for throat lengths of 7 µm. L t < r t would then require a revision for the assumption of a developed Poiseuille flow inside the throats). Instead, we expect to achieve higher porosities in PNs based on the real porous structure, with various heterogeneities of the pore space (see discussions in Section 4 below). Additionally, due to the relatively long throat length applied in our PN, the thickness is greater than the given values in literature [36, 55] where the 10 pore rows correspond to a thickness between 170 µm and 300 µm. Independent of this, the PN simulations presented below nicely illustrate the invasion mechanisms that drive the drainage process. The presented method can be easily adapted to the simulation of the real porous structure. According to [55] or [36, 46] , porosity of the PTL usually varies between 54% and 85%, depending on the kind of the material. Usually, sintered powder has a lower porosity than felt PTLs or foam PTLs. However, the porosity in our simulations was only around 21%. Larger porosities would only be achieved in our PN with greater variation of the pore and throat sizes (i.e., by higher standard deviation) and much shorter throat lengths. To reach the high porosities given in the literature, overlapping of the pore volumes and negligible throat length would have been necessary. This would lead to different invasion effects than currently underlying in the proposed PNM, namely site invasion instead of bond invasion and different flow regimes than those postulated above. (Exemplarily, the porosity could be increased to 43% for throat lengths of 7 µm. Lt < rt would then require a revision for the assumption of a developed Poiseuille flow inside the throats). Instead, we expect to achieve higher porosities in PNs based on the real porous structure, with various heterogeneities of the pore space (see discussions in Section 4 below). Additionally, due to the relatively long throat length applied in our PN, the thickness is greater than the given values in literature [36, 55] where the 10 pore rows correspond to a thickness between 170 µm and 300 µm. Independent of this, the PN simulations presented below nicely illustrate the invasion mechanisms that drive the drainage process. The presented method can be easily adapted to the simulation of the real porous structure. In these simulations, pores were invaded independently of their throat neighbors. Note that the drainage process is principally a bond invasion process wherefore pores could be invaded together with the throat neighbors [4] . This is also revealed by the experiments presented in [36] . However, as shown in Figure 2 and also represented in Figure 6 , the pores are comparably large in our PN with invasion pressure thresholds in the range of the throats. The curves of pore and throat capillary pressures partly overlap and thus indicate the competitive invasion. Apart from that, the invasion pressure thresholds vary linearly with the size of pores and throats if all other parameter are kept constant (Equation (5), Table 1 ). Figure 6 indicates that the capillary pressures are rather small in the given range of pore sizes, which results in the decrease of liquid pressure (against the gas pressure) of only a few millibars and thus a concave gas-liquid interface. In these simulations, pores were invaded independently of their throat neighbors. Note that the drainage process is principally a bond invasion process wherefore pores could be invaded together with the throat neighbors [4] . This is also revealed by the experiments presented in [36] . However, as shown in Figure 2 and also represented in Figure 6 , the pores are comparably large in our PN with invasion pressure thresholds in the range of the throats. The curves of pore and throat capillary pressures partly overlap and thus indicate the competitive invasion. Apart from that, the invasion pressure thresholds vary linearly with the size of pores and throats if all other parameter are kept constant (Equation (5), Table 1 ). Figure 6 indicates that the capillary pressures are rather small in the given range of pore sizes, which results in the decrease of liquid pressure (against the gas pressure) of only a few millibars and thus a concave gas-liquid interface.
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The simulation results of one PN simulation (with standard deviation 0.5 µm, Figure 2 ) are summarized below and in Figures 7-9. At first, the capillary pressure curves of the PN simulation are shown in Figure 7 . In the hydrophilic drainage process studied here, the available meniscus pore or throat with the lowest capillary pressure is first invaded. Since all surface pores are available with liquid menisci at the start of the simulation, the blue curve initially follows the radius distribution of the surface pores. Once all surface pores are invaded, the capillary curve passes into the trend of the throats, whereas the pore invasion becomes random depending on the distribution of the available meniscus pores. Note that more and more pores become available for invasion when the drainage front widens. However, the blue cloud only represents the pores in liquid clusters spanning the PN, since all other clusters are stationary and not invaded. This holds for the throats analogously. The black curve follows the invasion of the largest throats in the spanning clusters, while the randomly distributed points below the curve correspond again to the PSD of throats in the PN. Note that the small pores and throats with higher capillary pressures ( Figure 6 ) are not invaded. Figure 8 summarizes the gas-liquid distributions of the PN simulation. At first, the situation a few moments before loss of the liquid connectivity between the vertical throats in the top and bottom row is illustrated in Figure 8a . As can be seen, the liquid phase is multiply disconnected and penetrated by gas branches (in white). The gas phase forms a fractal structure that moves downwards towards the water supply channel. The invasion of the gas phase leads to the formation of isolated liquid clusters that remain behind the front. The size of these clusters is stable as they are not further invaded. It is remarked that the invasion process occurs in all three dimensions in the homogeneous Figure 6 . Capillary pressure variation in the studied range of pore sizes (standard deviation of 0.5 µm, Figure 2 ). Due to the overlapping of the curves the pore invasion is computed independently of the throat invasion.
The simulation results of one PN simulation (with standard deviation 0.5 µm, Figure 2 ) are summarized below and in Figures 7-9. At first, the capillary pressure curves of the PN simulation are shown in Figure 7 . In the hydrophilic drainage process studied here, the available meniscus pore or throat with the lowest capillary pressure is first invaded. Since all surface pores are available with liquid menisci at the start of the simulation, the blue curve initially follows the radius distribution of the surface pores. Once all surface pores are invaded, the capillary curve passes into the trend of the throats, whereas the pore invasion becomes random depending on the distribution of the available meniscus pores. Note that more and more pores become available for invasion when the drainage front widens. However, the blue cloud only represents the pores in liquid clusters spanning the PN, since all other clusters are stationary and not invaded. This holds for the throats analogously. The black curve follows the invasion of the largest throats in the spanning clusters, while the randomly distributed points below the curve correspond again to the PSD of throats in the PN.
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The simulation results of one PN simulation (with standard deviation 0.5 µm, Figure 2 ) are summarized below and in Figures 7-9 . At first, the capillary pressure curves of the PN simulation are shown in Figure 7 . In the hydrophilic drainage process studied here, the available meniscus pore or throat with the lowest capillary pressure is first invaded. Since all surface pores are available with liquid menisci at the start of the simulation, the blue curve initially follows the radius distribution of the surface pores. Once all surface pores are invaded, the capillary curve passes into the trend of the throats, whereas the pore invasion becomes random depending on the distribution of the available meniscus pores. Note that more and more pores become available for invasion when the drainage front widens. However, the blue cloud only represents the pores in liquid clusters spanning the PN, since all other clusters are stationary and not invaded. This holds for the throats analogously. The black curve follows the invasion of the largest throats in the spanning clusters, while the randomly distributed points below the curve correspond again to the PSD of throats in the PN. Figure 8a . As can be seen, the liquid phase is multiply disconnected and penetrated by gas branches (in white). The gas phase forms a fractal structure that moves downwards towards the water supply channel. The invasion of the gas phase leads to the formation of isolated liquid clusters that remain behind the front. The size of these clusters is stable as they are not further invaded. It is remarked that the invasion process occurs in all three dimensions in the homogeneous Figure 7 . Capillary pressure curves of the drainage invasion process initiated in all surface pores. Note that the small pores and throats with higher capillary pressures ( Figure 6 ) are not invaded. Figure 8 summarizes the gas-liquid distributions of the PN simulation. At first, the situation a few moments before loss of the liquid connectivity between the vertical throats in the top and bottom row is illustrated in Figure 8a . As can be seen, the liquid phase is multiply disconnected and penetrated by gas branches (in white). The gas phase forms a fractal structure that moves downwards towards the water supply channel. The invasion of the gas phase leads to the formation of isolated liquid clusters that remain behind the front. The size of these clusters is stable as they are not further invaded. It is remarked that the invasion process occurs in all three dimensions in the homogeneous pore structure underlying this simulation (isotropic invasion). This is explained with the equal distribution of liquid pressure (associated with PSDs) throughout the PN, constant wettability, temperature, and pressure conditions. However, it is noted that the horizontal breakthrough occurs much earlier than the vertical breakthrough. This is explained with the oxygen accessibility of the surface pores. In detail, all of the surface pores are initially connected to one liquid-filled throat (downwards) and the gas bulk phase (upwards). Essentially, based on the invasion percolation algorithm and due to the fact that the peak of the PSD of pores is shifted towards larger radii, all pores empty initially before any throat is invaded. This results in the formation of an oxygen front that spans the PN horizontally (the size is roughly NixNj) (Figure 8c,d) . According to this, the liquid connectivity between the boundary pores at the top side and the bottom side is already lost at the start of the process. A different situation would be expected if the surface pores were smaller and the invasion pressure were higher.
Processes 2019, 7, x FOR PEER REVIEW 10 of 22 pore structure underlying this simulation (isotropic invasion). This is explained with the equal distribution of liquid pressure (associated with PSDs) throughout the PN, constant wettability, temperature, and pressure conditions. However, it is noted that the horizontal breakthrough occurs much earlier than the vertical breakthrough. This is explained with the oxygen accessibility of the surface pores. In detail, all of the surface pores are initially connected to one liquid-filled throat (downwards) and the gas bulk phase (upwards). Essentially, based on the invasion percolation algorithm and due to the fact that the peak of the PSD of pores is shifted towards larger radii, all pores empty initially before any throat is invaded. This results in the formation of an oxygen front that spans the PN horizontally (the size is roughly NixNj) (Figure 8c,d) . According to this, the liquid connectivity between the boundary pores at the top side and the bottom side is already lost at the start of the process. A different situation would be expected if the surface pores were smaller and the invasion pressure were higher. At the moment when the liquid supply route is interrupted (or shortly before that moment), the overall saturation with liquid is S = 0.5996. However, as shown in Figure 8 , there exists only one liquid transporting cluster (main cluster). The other liquid-filled throats are shown in grey and are either single throats or part of isolated clusters. The number of clusters at the interruption of liquid connectivity between the surface throats (first and last row of vertical throats) is 933. The maximum cluster size is 624 throats; this is the blue cluster in Figure 8a ,b. The mean size of the other clusters is 9.5 throats, thus approximately two orders of magnitude smaller. The liquid transporting cluster contains approximately 5.7417 × 10 −3 µL of water. Its volume referred to the total liquid volume contained in the PN at the interruption of the liquid path is only 3%. This reveals the relevance of the pore scale information about the liquid connectivity for the calculation of the liquid permeability. A different situation is expected in presence of wetting liquid films, as will be discussed below. It is also noted that higher permeabilities would be obtained if the drainage simulation would be interrupted already at a higher overall saturation. However, in the simulation presented in Figures 7-9 , a breakthrough of the gas phase occurred shortly before disconnection of the main cluster from the top side. At the moment when the liquid supply route is interrupted (or shortly before that moment), the overall saturation with liquid is S = 0.5996. However, as shown in Figure 8 , there exists only one liquid transporting cluster (main cluster). The other liquid-filled throats are shown in grey and are either single throats or part of isolated clusters. The number of clusters at the interruption of liquid connectivity between the surface throats (first and last row of vertical throats) is 933. The maximum cluster size is 624 throats; this is the blue cluster in Figure 8a ,b. The mean size of the other clusters is 9.5 throats, thus approximately two orders of magnitude smaller. The liquid transporting cluster contains approximately 5.7417 × 10 −3 µL of water. Its volume referred to the total liquid volume contained in the PN at the interruption of the liquid path is only 3%. This reveals the relevance of the pore scale information about the liquid connectivity for the calculation of the liquid permeability. A different situation is expected in presence of wetting liquid films, as will be discussed below. It is also noted that higher permeabilities would be obtained if the drainage simulation would be interrupted already at a higher overall saturation. However, in the simulation presented in Figures 7-9 , a breakthrough of the gas phase occurred shortly before disconnection of the main cluster from the top side.
Furthermore, the saturation of the exchange interfaces plays a vital role. The surface and bottom saturations are highlighted in Figure 8c ,d. Note that the light blue pores at the top side are already empty. These pores are connected to liquid-filled vertical throats right below the surface. The bottom pores shown in blue are liquid filled. The red pores in these images are either empty (filled with oxygen) or belong to isolated clusters. The ratio of the wetted surface (taking into account the vertical throats inside the first and last layer of the PN) is around 2% at the top surface and around 1% at the bottom side, thus very low. This results in low liquid permeabilities, as will be shown below.
From the distributions shown in Figure 8 , the overall liquid saturation S l of the pore network can be calculated from:
with pore and throat saturation S p and S t . The overall gas saturation S g is:
accordingly. The liquid and gas saturations are calculated for each network slice (N k = 1:10) and illustrated as a function of the vertical position ((N k − 1)·L, see Figure 1 ) in Figure 9a ,b. Figure 9a ,b shows the transient saturation profiles of one PN simulation. It reveals that the PN is basically invaded by oxygen from the top side. If one disregards the top and bottom surface layers of the PN (as they have a different overall volume, Figure 1 ), the saturation of liquid is evenly distributed. This means that isolated liquid clusters homogeneously cover the PN. The liquid confined in the liquid transporting main cluster spanning the PN is illustrated in Figure 9c . The liquid saturation of the main cluster is calculated analog to Equation (11) by only taking into account the liquid inside it. Two different options are compared with the liquid saturation profiles in Figure 9c . These are option 1:
saturation on the base of the total void volume contained in slice N k ; and option 2:
saturation on the base of the total liquid volume contained in that slice. Note that only the profiles for S = 1 till S = 0.62 are shown here, because the main cluster splits into two clusters at S = 0.62. The agreement of the curves in Figure 9a ,c is good at the start of drainage (when the overall saturation S is high), indicating that initially nearly all the liquid is contained in one cluster. At later stages of the invasion process, a gradient develops. Comparison of the blue and black lines in Figure 9c with the red curves reveals that the center of the volume of the main cluster is located at the bottom side of the PN, thus closer to the water supply channel, whereas connectivity to the top side is lost already at the very beginning of the drainage (when all surface pores are invaded). The difference between the black curves and the red curves is related to the liquid volume contained in single clusters. As can be seen, more single clusters are found inside the upper region of the pore network (i.e., at higher values of (N k − 1)·L). This reveals that the main cluster is traveling through the PN, leaving the isolated clusters behind its front. From this it can be expected that the relative permeability of the liquid phase continuously decreases with progress of invasion, while the oxygen permeability is 0 as long as the breakthrough of the gas phase is not observed (Section 3.2). This outcome might be an indicator for the relevance of the thickness of the PTL for water exchange processes in water electrolysis cells [56] . According to this, thinner PTLs might be more convenient in terms of the water supply routes. However, further simulations are necessary to proof the consistency of this assumption. This finding is essentially an explanation for the low permeability of the liquid phase, as discussed below.
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i.e. the number of invasions in the horizontal and vertical throats (Nhor and Nver, respectively) I' related to the total number of invasions (pores and throats) Itot. According to Figure 13b , more vertical throats are initially invaded, whereas, at later stages of the drainage process, the invasion occurs more often in horizontal throats. This is explained with the PN geometry in Figure 5 . It is the main reason for the clustering effect discussed above. In order to prevent the clustering effect, it would be more convenient if the invasion process was anisotropic and occurred mainly in vertical throats. Taking the invasion pressure curve in Figure 6 as a reference, this could be achieved by a gradient in throat sizes (small at the top side, large at the bottom side). It is highlighted that a different invasion behavior would occur if also temperature, pressure, or wettability would spatially vary along the vertical or the horizontal direction. Depending on the situation, anisotropic invasion can also be expected. We plan to illustrate such situations in a forthcoming paper.
Estimation of Relative Permeabilities
The final gas-liquid phase distribution of the PN drainage simulation is employed for the calculation of gas and liquid permeability. Note that due to the trapping of clusters, the relative permeabilities of the liquid and gas phases cannot be related to each other (kl ≠ 1 − kg).
For calculation of the absolute and relative permeabilities, we have considered the liquid flow through pores in Nk = 2 and Nk = 9 (Figures 1 and 5 ) because all surface pores are initially invaded. The pressure gradient is imposed between the pores in these rows. The relative permeability of the liquid phase is related to the total surface area, although only 1-2% of the interfaces are wetted by the liquid spanning cluster. For the PN simulation presented in Figures 7-9 , we found an absolute permeability of K = 1.9639 × 10 −12 m 2 (liquid phase) and K = 6.5612 × 10 −12 m 2 (gas phase) (in [50] , similar values are obtained for a porosity of 50%). The relative permeabilities are kl = 7.8439 × 10 −4 for the liquid phase and kg = 0.0068 for the gas phase. The relatively low oxygen permeability is associated to the hindrance by isolated liquid clusters. Higher liquid permeabilities are obtained if the calculations are repeated for higher liquid saturations of the PN, i.e., if the PN is not fully drained It is highlighted that a different invasion behavior would occur if also temperature, pressure, or wettability would spatially vary along the vertical or the horizontal direction. Depending on the situation, anisotropic invasion can also be expected. We plan to illustrate such situations in a forthcoming paper.
The final gas-liquid phase distribution of the PN drainage simulation is employed for the calculation of gas and liquid permeability. Note that due to the trapping of clusters, the relative permeabilities of the liquid and gas phases cannot be related to each other (k l 1 − k g ).
For calculation of the absolute and relative permeabilities, we have considered the liquid flow through pores in N k = 2 and N k = 9 (Figures 1 and 5 ) because all surface pores are initially invaded. The pressure gradient is imposed between the pores in these rows. The relative permeability of the liquid phase is related to the total surface area, although only 1-2% of the interfaces are wetted by the liquid spanning cluster. For the PN simulation presented in Figures 7-9 , we found an absolute permeability of K = 1.9639 × 10 −12 m 2 (liquid phase) and K = 6.5612 × 10 −12 m 2 (gas phase) (in [50] , similar values are obtained for a porosity of 50%). The relative permeabilities are k l = 7.8439 × 10 −4 for the liquid phase and k g = 0.0068 for the gas phase. The relatively low oxygen permeability is associated to the hindrance by isolated liquid clusters. Higher liquid permeabilities are obtained if the calculations are repeated for higher liquid saturations of the PN, i.e., if the PN is not fully drained ( Figure 14 ). (Note that the gas phase is not penetrating the PN for liquid saturations shown in Figure 14 ). These values are in good agreement with previous results in [45] and they clearly illustrate the different relative permeabilities of 2D and 3D PNs, which are related to the higher connectivity of the 3D PN and the associated clustering effect. This situation can change if wetting liquid films are considered in the PNM [57] ; however, their development and extension depend on the wettability of the surface, temperature, pressure, and process conditions. (In [57] it is mentioned that the wettability alteration of titanium PTLs occurs due to the oxidation of its surface.) Additionally, a heterogeneous pore structure with interpenetrating large and small pores can lead to higher relative permeabilities if the breakthrough occurs in the large pores, whereas the small pores remain saturated and provide the pathway for water transport. The relative permeabilities are thus a function of PSD [57] . The absolute permeability depends on the ratio of pore space to solid, i.e., on the porosity (e.g., [1, 50] ). However, according to Equation (10), higher absolute permeability does not necessarily increase relative permeabilities. Figure 14 ). (Note that the gas phase is not penetrating the PN for liquid saturations shown in Figure  14 ). These values are in good agreement with previous results in [45] and they clearly illustrate the different relative permeabilities of 2D and 3D PNs, which are related to the higher connectivity of the 3D PN and the associated clustering effect. This situation can change if wetting liquid films are considered in the PNM [57] ; however, their development and extension depend on the wettability of the surface, temperature, pressure, and process conditions. (In [57] it is mentioned that the wettability alteration of titanium PTLs occurs due to the oxidation of its surface.) Additionally, a heterogeneous pore structure with interpenetrating large and small pores can lead to higher relative permeabilities if the breakthrough occurs in the large pores, whereas the small pores remain saturated and provide the pathway for water transport. The relative permeabilities are thus a function of PSD [57] . The absolute permeability depends on the ratio of pore space to solid, i.e., on the porosity (e.g., [1, 50] ). However, according to Equation (10), higher absolute permeability does not necessarily increase relative permeabilities. 
Oxygen Production Rate
The decomposition of water occurs if a voltage higher than the thermoneutral voltage is supplied to the electrolysis cell, e.g., U = 1.5-2.2 V [43] . It is anticipated that, at low voltages, oxygen can be solved inside the water that is transported through the PTL towards the catalyst layer. However, if higher oxygen production rates are achieved, the gas can invade the PTL if the pressure in the gas phase is high enough. In [58, 59] , the different transport regimes for oxygen through the PTL that correlate with the current density of the electrolyzer are shown. In this, dispersed bubbly flow (#1), plug flow (#2), slug flow (#3), churn flow (#4), and annular flow (#5) are distinguished. The latter flow regime is based on wetting liquid films forming along the surface of the pores and sustaining liquid transport between the water flow channel and catalyst layer. For simplicity, we assumed that the current density is always high enough to allow for a plug flow of the gas phase without formation of liquid films; this is option #6 (Figure 15a,b) . This assumption is reasonable in the face of the total volume of the pore network of only a few µL (see below). However, if good wettability of the PTL surface is anticipated (hydrophilic properties), liquid films are likely to form along the solid pore surface. These films can enhance liquid transport through invaded pores as they can connect the water supply channel with liquid clusters at the top side of the PTL [15, 16, 60] . Basically, in presence of liquid films, the previously (and above discussed) isolated clusters would not occur, but rather the complete liquid phase in the PN would be interconnected and participate in liquid transport. This could enhance liquid transport properties significantly. (Exemplarily, in drying processes, liquid films can reduce the overall drying time by orders of magnitude, e.g., [15, 17] ). The presence of these films strongly depends on the surface roughness, the geometry of pore corners, wettability, temperature, and pressure, as previously mentioned. 
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The drainage algorithm presented above in Section 2 works independently of the current oxygen production rate. We postulate that the oxygen production rate is always high enough to (i) exceed the solubility threshold of oxygen in water (around 40 mg/kg water at 25 °C and 1 bar up to 1 g/kg water at the same temperature and around 25 bar [61]) and to (ii) simultaneously flood the drained channels with oxygen. If this is fulfilled, the invasion process can be seen as fast and is expected to take place in a very short time period.
The oxygen production rate can be calculated using Faraday's law, assuming that the current efficiency of oxygen is equal to 1 and stochiometry
Based on Faraday's law:
where z is the number of exchanged electrons (z = 4) and F is Faraday's constant (F = 9.64853 × 10 4 A s mol −1 ) the moles of electrolyzed water can be correlated with the current of the electrolyzer. From this follows:
the formed molar amount of oxygen per unit time. The volume flux of oxygen can be further calculated from:
with current density
in A m −2 . The relationship in Equation (19) is illustrated in Figure 16a ; the linear dependence is in agreement with values reported in [39] . Taking the PN from Section 3.1 as a basis, the surface area connected to the catalyst layer is roughly 0.22 mm 2 . If it is furthermore assumed that the complete surface area is electrolytically reactive, the oxygen flux in Figure 16a can be converted into a volumetric flow rate: Figure 16b illustrates the time dependence of the PN invasion on the reversed volumetric flow
, with the slope being the total volume of the PN in Section 3.1, Figure 15 . (a) Plug flow invasion of the gas phase (invasion regime #6) completely separating the gas transporting from the liquid transporting pore space. (b) Annular invasion of the gas phase according to [58] (invasion regime #5), leading to annularly wetted pore space transporting gas towards the water supply channel in the center and liquid films transporting water towards the catalyst layer, as well as fully saturated pores and throats.
The drainage algorithm presented above in Section 2 works independently of the current oxygen production rate. We postulate that the oxygen production rate is always high enough to (i) exceed the solubility threshold of oxygen in water (around 40 mg/kg water at 25 • C and 1 bar up to 1 g/kg water at the same temperature and around 25 bar [61]) and to (ii) simultaneously flood the drained channels with oxygen. If this is fulfilled, the invasion process can be seen as fast and is expected to take place in a very short time period.
in A m −2 . The relationship in Equation (19) is illustrated in Figure 16a ; the linear dependence is in agreement with values reported in [39] . Taking the PN from Section 3.1 as a basis, the surface area connected to the catalyst layer is roughly 0.22 mm 2 . If it is furthermore assumed that the complete surface area is electrolytically reactive, the oxygen flux in Figure 16a can be converted into a volumetric flow rate:
only the dry part of the PN is available for the gas phase. Since this region is much smaller than the total volume, the breakthrough of the gas phase can occur in a shorter time. Additionally, the available cross section for gas invasion is usually lower than the given value in the presence of some liquid pores at the surface (Figure 8 ). 
Summary and Discussions
We have presented a method to study the pore scale transport of oxygen and water through the PTL of water electrolysis cells. The method is based on Monte Carlo pore network simulations (PNMCS). It allows simulation of the distribution of the two fluids inside the pore space on a physical base, i.e., without incorporating effective parameters. We have shown that this can be a useful and reliable tool to numerically estimate the pore scale distribution of gas and liquid and the transport coefficients of PTLs, such as relative and absolute permeabilities. More clearly, if these are estimated more accurately based on the proposed method, transport characteristics of PTLs could be predicted more precisely in the future. Moreover, it is highlighted that the discrete method allows correlation of specific transport characteristics with the individual structure of the pore space. The proposed method, therefore, opens up a new route for designing powerful PTLs on customized demand in the future.
The developed PNM basically incorporates invasion percolation rules for hydrophilic drainage with trapping of liquid clusters. Pores and throats are separately invaded in our PN because of their similar invasion pressure thresholds. We assumed plug flow of the liquid and gas phases and negligible film flow. We also assumed that the oxygen production rate is always high enough to homogeneously invade the PN through all surface pores; pressure gradients were disregarded. The correlation with Faraday's law showed that the small PN can be invaded during less than one minute if the current density is higher than 2 mA cm −2 . The invasion process was simulated until the 
, with the slope being the total volume of the PN in Section 3.1,
and A being the total cross section of the PN surface. The total volume of the PN discussed in Section 3.1 is approximately V PN = 0.19 µL; the pore volume is 0.0234 µL and the throat volume is 0.17 µL. In detail, at a current density of 2 A cm −2 , the complete PN could be invaded within 0.0675 s, whereas reduction of the current density by factor 1000 increases the invasion time to roughly 1 min. This is in agreement with experiments reported in [36] , where, at postulated current densities of 7 A cm −2 , the according volume flow rates of the gas phase resulted in invasion times <1 min. Note that always only the dry part of the PN is available for the gas phase. Since this region is much smaller than the total volume, the breakthrough of the gas phase can occur in a shorter time. Additionally, the available cross section for gas invasion is usually lower than the given value in the presence of some liquid pores at the surface (Figure 8 ).
The developed PNM basically incorporates invasion percolation rules for hydrophilic drainage with trapping of liquid clusters. Pores and throats are separately invaded in our PN because of their similar invasion pressure thresholds. We assumed plug flow of the liquid and gas phases and negligible film flow. We also assumed that the oxygen production rate is always high enough to homogeneously invade the PN through all surface pores; pressure gradients were disregarded.
The correlation with Faraday's law showed that the small PN can be invaded during less than one minute if the current density is higher than 2 mA cm −2 . The invasion process was simulated until the disconnection of the spanning liquid clusters, i.e., when the transport route for water from the top (assumed to be connected to the catalyst layer) to the bottom (assumed to be connected to water supply channel) was interrupted. Due to the discrete character of the model, it was possible to distinguish between isolated clusters, which do not contribute to liquid transport but rather hinder the oxygen flow, and the liquid transporting clusters, which span the network. The possibility to separate single liquid pores and throats depending on their designation as transporting or non-transporting elements particularly reveals the strength of PN modeling and the perspectives for future applications. Different situations were studied. At first, we illustrated relevance of the pore size distribution (PSD). Secondly, we changed the invasion rules of surface pores. For the latter, we allowed invasion of all surface pores in the first situation and restricted invasion to only one pore in the center of the PN in the second situation. We have shown that the final saturation of the PNs with liquid as well as the liquid volume contained in the spanning liquid cluster depends primarily on the PSD; the porosity was kept constant in the situations studied in this paper. Additionally, our simulations revealed that the liquid transporting clusters cover only a very small percentage of the total volume of the PN, whereas most of the liquid phase is disconnected in isolated single clusters if the drainage simulation is continued until disconnection of the water supply route. Additionally, the spanning cluster was travelling through the PN during the drainage invasion and had its center of mass at the bottom side at the moment when liquid connectivity was interrupted. The clustering effect and the travelling spanning cluster are major outcomes of the PN drainage simulation with a significant impact on the liquid and gas permeabilities, which were very low in the studied cases. Furthermore, we found that the spanning liquid clusters providing the transport route for water cover less than 2% of both surfaces (top, bottom). Though this low value can be attributed to the idealized PN structure, the associated low porosity, and the postulated constant boundary conditions, new PN simulations shall further enlighten the major characteristics of mass transfer in PTLs. Therefore, we plan to incorporate micro tomography scans of the PTL in the PNM in the next step. The instrument to be used is a Procon CT alpha with maximum resolution of 0.6 µm, equipped with image processing software, Mavi, from the Fraunhofer Institute for Industrial Mathematics ITWM Kaiserslautern. Following concepts, e.g., described in [1, 2, 62] , we aim to run the PN simulation using the extracted real structure of the porous medium. This will allow more realistic prediction of the gas-liquid distribution for real PTLs as well as study of the role of heterogeneous pore structures, such as bimodal PSDs. Furthermore, microfluidic experiments will be necessary to validate the assumptions of the model. Current open questions concern the limits of the flow regimes (based on discussion in [58, 59] ), the relevance of liquid flow through corner films [57] , the impact of local temperature and wettability variations, as well as the dynamic invasion in the presence of current density fluctuations. Based on [36] , we plan to illustrate in more detail the impact of flow regimes (in terms of higher capillary numbers), as well as unsteady operation conditions related to the fluctuation of the current density. In the latter case, we expect multiple redistribution of liquid due to pressure (and eventually also temperature) variations. This implies the application of imbibition invasion rules additionally to drainage rules. In this context, it will also be worth studying if the disconnected liquid clusters can be reconnected and open up more routes for water transport, especially in the situation where liquid films support liquid flow through corners. 
